Magnetic loops are one of the most popular and used traffic sensors because of their widely extended technology and simple mode of operation. Nevertheless, very simple models have been traditionally used to simulate the effect of the passage of vehicles on these loops. In general, vehicles have been considered simple rectangular metal plates located parallel to the ground plane at a certain height close to the vehicle chassis. However, with such a simple model, it is not possible to carry out a rigorous study to assess the performance of different models of vehicles with the aim of obtaining basic parameters such as the vehicle type, its speed or its direction in traffic. For this reason and because computer simulation and analysis have emerged as a priority in intelligent transportation systems (ITS), this paper aims to present a more complex vehicle model capable of characterizing vehicles as multiple metal plates of different sizes and heights, which will provide better results in virtual simulation environments. This type of modeling will be useful when reproducing the actual behavior of systems installed on roads based on inductive loops and will also facilitate vehicle classification and the extraction of basic traffic parameters.
Introduction
The transformation of transport is a reality. New technologies applied to the automotive industry, big data and shared economy are changing the way people approach the world of transport. These advances, which are expected to contribute to an increase in the vehicle fleet together with the growth of the world population, will soon result in unsustainable traffic in the main cities, if no actions are taken in this regard [1] . Therefore, the need to have greater control over vehicles is increasing, which is why the extraction of information and the PLOS ONE | https://doi.org/10.1371/journal.pone.0218631 September 13, 2019 1 / 28 a1111111111 a1111111111 a1111111111 a1111111111 a1111111111
application in which the simulation of the real behavior of the loop-vehicle system is required, clearly, several limitations appear if this type of vehicle modeling is used. An illustrative and clear example would be to simulate the passage of a rectangular metal plate over a conventional loop and observe that the result would be the same regardless of whether the plate moves in one direction or the opposite direction. Nevertheless, when real magnetic profiles are observed, it can be noted that in general, this is not true because of the asymmetries related to the vehicle structure, such as the position of the engine or the symmetry axes [31] . In vehicles with small dimensions, the result is usually a waveform that resembles a parabola, as shown in Fig 1a. In vehicles such as vans, the inductance signature is generally a waveform composed of two peaks, with the first being slightly larger, as shown in Fig 1b. In large vehicles such as buses or trucks, multiple peaks distributed along the magnetic profile are observed, as shown in Fig 1c and 1d , which are the result of the existence of distributions of different metal masses along the vehicle.
Therefore, when trying to simulate the actual behavior of magnetic loops by modeling vehicles as simple metal plates, there is only one parameter that can be used to represent these asymmetries. This parameter is the height of the metal plate while it is moving over the loop. Then, this procedure could be somewhat appropriate when working with small vehicles because it would allow the maximum of the magnetic profile to be shifted by adjusting the linear path of the plate and the height, which varies linearly along their displacement. However, when working with large vehicles, in which there are multiple peaks in their magnetic profiles, the problem is more complex, as the linear paths cannot be used and the height does not follow a linear variation. Fig 3 shows the difference between the simulated inductance signatures considering the vehicle as a simple metal plate and the real measured inductance signatures of the same vehicle.
Thus, by simply observing the previous figures, there is a necessity to create new models for vehicle characterization that are more complex and realistic than the current models and can respond to challenging situations. As reflected in Fig 3, modeling the vehicles as simple metal plates provides merely an approximation. Hence, the importance and motivation of our paper and the proposed model are presented below.
Model proposed
After comparing the different magnetic profiles, it has been shown that when vehicles are modeled as rectangular metal plates, the simulation is not entirely accurate. For this reason, we propose a new simulation technique based on sectioning the vehicles into multiple metal plates. Nevertheless, when we planned to carry out vehicle modeling that represents the real behavior and approximates the actual magnetic profile, a number of issues emerged that must be taken into consideration:
• The model must be easy to implement.
• Vehicles generally present symmetry along their axes.
• Vehicle magnetic characteristics along its entire length must be considered.
• These magnetic characteristics are associated with their geometry and structural configuration.
As simulations by known algorithms should be effortless, the first premise was to use simple regular geometries, such as circles or rectangles, because three-dimensional structures have such computational complexity that their use is discouraged. For this reason, flat geometries were chosen. However, we focused on rectangular shapes, as they have symmetry along their axis, and the form of a vehicle resembles a rectangle more than a circle.
These issues led us to a vehicle model composed of multiple rectangles (multiple loops) in which each one represents a different section with a determined length, width and height. Hence, we will introduce how to calculate the inductance of the loop, the inductance equivalent to the modeling and the mutual inductance between them, which is exactly the operating principle shown in Fig 2. A visual example of this new modeling is shown in Fig 4, where a vehicle has been modeled in three different sections, namely, the engine area, the passenger area and the trunk area.
Vehicle inductance
The inductance of a vehicle (L vehicle ), i.e., its final value, is calculated by the sum of the individual values of the inductance of each of the isolated sections. In addition, with the purpose of giving even more flexibility to the system, we have considered the possibility that several sections of different lengths and widths located at the same height over the asphalt can be considered a single plane with a polygonal geometry and an arbitrary number of sides as long as it presents symmetry about the axis on which the vehicle is moving. This calculation will be based again on Grover's equations [32, 33] , as in our previous papers [34] [35] [36] [37] , since they are capable of providing the value of the mutual inductance between two parallel rectilinear conductors with the geometry shown in Fig 5 with a very low computational cost.
In this way, according to Grover's formulas, the mutual inductance M G (l, m, d, δ) between two parallel conductors of sizes l and m located between each other at a distance of d and displaced by a distance of δ, as shown in Fig 5, is given by:
where the parameters α, β and γ are defined as:
In the event that the two conductors overlap partially or totally, the parameter δ will have negative values. Nevertheless, for the case of two parallel conductors, as shown in Fig 6, where l is the length of the filaments and d is the separation between them (both quantities expressed in meters to obtain the inductance expressed in Henrys), the expression can be simplified as:
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ffi ffi ffi ffi ffi ffi ffi ffi ffi ffi ffi ffi ffi ffi ffi ffi ffi ffi ffi ffi This equation takes a positive sign when the current in both wires flows in the same direction and a negative sign when the currents flow in opposite directions.
If the different sections, in which the vehicle was divided, have different heights with respect to the plane of the roadway, then they are not be considered a loop with a polygonal geometry. In this case, the equivalent inductance of the vehicle would be obtained as the sum of each of the inductances of each section. This is:
where n S represents the number of sections in which the vehicle has been characterized and L 0,j represents the inductance of the section j.
The inductance of each of the sections will be obtained as the sum of the internal self-inductance (L 0i,j ) and the external self-inductance (L 0e,j ) by using Mills and Grover's equations particularized for single loops with only one turn as follows:
where L 0i,j [32] is given by:
where L i the inductance per unit length, L sj the distance of the filaments and H sj is the separation between them, as shown in Fig 7. To calculate the external self-inductance of a conductor, a method in which the cable is replaced by two null-straight-section conductors separated by a distance d equal to the radius of the conductor R c will be used. Therefore, the external inductance of a rectangular loop of one turn will be equal to the mutual inductance of two rectangular, parallel and identical Thus, the mutual inductance of two parallel rectangular loops, as shown in Fig 7, could be obtained from the mutual inductance values between parallel conductors. In this way, the mutual inductance between them (L sj and H sj of the representative loop of the section j), spaced at a distance R C (this value is considered the plate thickness of the vehicle), could be expressed as:
The terms M mn represent the mutual inductance between the m segment of the low loop and the n segment of the top loop. The doubling of the equation is due to the mutual inductances, as they are all symmetric (M mn = M nm ).
Up to this point, it has been assumed that each of the sections was located at a different heights from the pavement. Consequently, each section was considered a single rectangular loop. However, with the aim of making this new vehicle model even more realistic and flexible, provided that they are of different sizes but are located at the same height, using polygonal sections of multiple parallel sides can be possible. To analyze this type of modeling, such as the one shown in Fig 9, we will make use of Grover's formula again, which we already know allows us to obtain the mutual inductance between parallel segments of different lengths and relative positions. Therefore, to obtain the total equivalent inductance L 0T , the following equation must be applied: In this particular case, there are five sections, and it is assumed that they are located at the same height. Nevertheless, to perform the respective calculations, we will again divide the tasks into two parts: internal inductance and external inductance.
On the one hand, the calculation of the internal inductance will depend on the number of sections n S and will be given by:
AbsðH sn À H sðnÀ 1Þ Þ ! On the other hand, to obtain the external inductance, we will assume again that each conductor with a diameter of R C is equivalent to two conductors of null thickness separated by a distance R C . Thus, the external inductance of the whole will be the mutual inductance between two parallel polygons spaced at a distance R C . To calculate this external inductance, we will begin calculating the mutual inductance between all horizontal conductors (L 0eH ), which can be expressed as:
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The next step will be the calculation of the mutual inductance between all vertical conductors (L 0eV ), whose value is given by the sum of several terms. First, we will calculate the inductance of the extreme sides of the polygon (H s1 and H sn S ) as:
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The following terms that must be taken into account will be those corresponding to the inductance between the extreme side 1 and each of the intermediate sections. This inductance will be expressed as L 0eV1 :
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The plus and minus signs will depend on the relationship between the direction of an imaginary current that flows through the polyhedron and passes through the segment H s1 and the segment of length
, located between the sections m y m − 1. In this way, the plus sign will be taken when the directions of the currents in both segments are the same, which occurs when H sm > H s (m−1) . Alternatively, the minus sign will be chosen when the directions of the currents in both segments are opposite, which occurs when H sm < H s(m−1) .
Similarly, the terms that represent the inductance between the extreme side n S and each of the intermediate sections will be expressed as:
In this second case, the plus and minus signs will also depend on the relationship between the directions of another imaginary current that flows through the polyhedron and passes through the segment H sn S and the segment of length
, located between sections m y m − 1. In this case, the plus sign will be taken when the directions of the currents in both segments are the same, which occurs when H sm < H s(m−1) , and the minus sign will be chosen when the directions of the currents in both segments are opposite, which occurs when
Finally, we will have to add the terms that represent the mutual inductance between each pair of segments perpendicular to the axis (L 0eVi ), and as in the previous cases, Grover's formula will be applied again, resulting in the following expression:
The plus and minus signs will also depend on the relative direction of the currents between the segments m and n. In this case, the positive sign will be used when H sn < H s(n−1) and H sm < H s(m−1) or when H sn > H s(n−1) and H sm > H s(m−1) , while the negative sign will be taken in the other cases.
Therefore, the external vertical inductance will be given by the sum of all the previous terms:
Finally, the total external inductance will be given by the expression:
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Loop/Vehicle mutual inductance
To calculate the mutual inductance between the loop buried in the pavement and the vehicle modeled as multiple loops M loop/vehicle , it is considered that every single loop that represents the vehicle is independent of each other, without any mutual inductance between them.
In this method, loops are considered a superposition of n V loops of one turn with a certain separation between them of S V . Then, with the aim of calculating the mutual inductance between the loop located on the road and the loops of the different sections of the vehicle, we should first introduce how to calculate the mutual inductance between two parallel and rectangular loops of different dimensions that are displaced both longitudinally and laterally, similar to those ones that are represented in Fig 10. To perform this calculation, the mutual inductance between the different segments must be calculated and include the following:
1. Mutual inductance between segments 1 and 1', whose value will be:
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Mutual inductance between segments 3 and 3', whose value will be:
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3. Mutual inductance between segments 1 and 3', whose value will be:
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Mutual inductance between segments 3 and 1', whose value will be:
Mutual inductance between segments 2 and 2', whose value will be:
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Mutual inductance between segments 4 and 4', whose value will be:
Mutual inductance between segments 2 and 4', whose value will be:
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Therefore, the global mutual inductance between both loops will be the sum of all of the inductance values between the segments:
From these equations, clearly, the mutual inductance between the loop located on the road and each of the loops that simulate the vehicle can be calculated arbitrarily as the sum of all these inductances. However, if the case of a loop installed on the road of dimensions a × b centered at the origin of coordinates with a number of turns n V separated by a distance S V and a vehicle modeling with a number of rectangular sections n S with a length of L V (i) and a width • s(i) is the distance between the segment of the loop located on the road perpendicular to the axis of the displacement and the equivalent segment of section i.
• Z(i) is the height of section i of the vehicle modeling relative to the lower part of the loop buried in the pavement.
• d(i) is the lateral displacement between the axes of the loop located on the road and section i of the vehicle model.
Nevertheless, similar to how it was done for the calculation of the vehicle inductance, the case of contemplating polygonal surfaces will be analyzed again. In this situation, the figures would look like those shown in Fig 11 .
We will begin with the mutual induction between the segments of each of the turns of the loop buried on the road perpendicular to the axis and each of the ends of the surface of the polygonal loop, which is:
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where:
• b is the width of the loop located on the road.
• a is the length of the loop located on the road.
• d is the lateral displacement between the loop located on the road and the vehicle loop.
• H V (1) is the width of the first section (1) of the polygonal surface of the vehicle loop.
• H V (n S ) is the width of the last section (n S ) of the polygonal surface of the vehicle loop.
• Z is the height at which the surface of the vehicle on the road is.
• s is the distance between the first vehicle loop segment and the first road loop segment.
• L V is the total length of the vehicle (
Then, the mutual inductance between the segments of the loop perpendicular to the axis and each of the intermediate segments of the surface of the polygonal will be obtained as:
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where s = s(1), i.e., the distance between the first segment of the vehicle loop and the first one of the loop located on the road. Vehicle modeling for magnetic loop simulations
To continue with the calculation, the mutual inductance between the segments of the loop parallel to the axis and each of the parallel segments to the axis of the surface loop will be calculated. This result is given by:
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Therefore, the global mutual inductance (M MG ) between the loop located on the road and the polygonal surface that represents the vehicle will be the sum of the terms previously calculated:
Results
With the aim of proving the goodness of the presented vehicle modeling, it was necessary to develop a simulation program in both VisualBasic and MATLAB that is capable of presenting and comparing the real magnetic profiles generated by the passage of vehicles over standard magnetic loops with those simulated by using this new modeling. This program, designed by our research team (Group of Traffic Control System, ITACA Institute, Universitat Politècnica de València) and presented in [35, 37] , performs all the processes of the calculation and graphically presents the results and stores them in a file for both single and double loops [35, 37] . However, a series of parameters must be introduced prior to the simulations. These parameters are as follows:
• The geometrical characteristics of the loop: dimensions according to the X and Y-axes.
• The type of copper conductor used, its radius and the current that will flow through it.
• The spacing between turns.
• The number of points used to calculate the self-induction of the loop according to the X and Y-axes for the numerical integration. If these points are not introduced, then the system assigns the values that have proven to be optimal by default.
• The number of turns of the loop. For single loops N 2 = 0.
• The characteristics of the vehicle, which refers to its dimensions according to the three axes (length, width and height of the chassis over the asphalt). These characteristics allow the simulation of vehicles as rectangular single plates or considers them as several sections.
• The trajectory traversed by the center of the vehicle in the three directions of the space
, which can be observed in Fig 12. • The speed at which the vehicle passes over the loop.
• The electrical characteristics of the components that constitute the oscillating circuit where the loop is incorporated. This oscillator circuit, which is involved in the value of the resonance frequency, is described in [36] .
Notably, with the aim of simplifying the calculation, it can be considered that the vehicle moves centered with respect to the Y-axis. However, this is mostly true in real environments. The appearance of the program developed by our research group is shown in Fig 13. To compare the magnetic profiles, we worked with real and simulated rectangular loops of dimensions 2 × 2 meters; 3 turns were built with copper wire with a radius of 0.75 mm and a separation of 1.9 mm between turns. The oscillator circuit, whose model can be seen in our previous paper [36] , had a resistance of 15 O, a supply voltage of 5 V, a drop of base-emitter voltage of 0.6 V and switching voltages of 1.8 V and 0.95 V.
For the choice of vehicles, we opted for three well-differentiated vehicles whose magnetic profile was registered from previous studies. In this way, we decided to work with a passenger car, a van and a bus:
• Citroën AX (Length = 3.525 m. Width = 1.555 m. Height = 1.355 m).
• Citroën C-15 (Length = 3.995 m. Width = 1.655 m. Height = 1.800 m).
• Bus (Length = 12.080 m. Width = 2.500 m. Height = 3.120 m).
For all cases, the following will be shown:
• A schematic image of the vehicle.
• The parameters used for the simulation.
• The inductance values of the loop located on the road and the vehicle.
• The mutual inductance between the loop located on the road and the vehicle, calculated by the Grover's methods, as described in the previous section. https://doi.org/10.1371/journal.pone.0218631.g012
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• The real magnetic profile (registered by SCT-IL v2.0 equipment developed by our research group whose details are given in [36] ), the simulated magnetic profile obtained by considering the vehicle as a single loop rectangular and the simulated magnetic profile obtained by modeling the vehicle as multiple loops of different dimensions. Vehicle modeling for magnetic loop simulations
Citroën AX
The loop and oscillator characteristics are shown in Tables 1 and 2 , respectively; the values referring to its dimensions and simulation options are shown in Tables 3 and 4 , respectively; the vehicle modeling is shown in Fig 14 and the results are shown in Fig 15 and Table 5 .
Citroen C-15
To carry out the analysis of this van, the loop and oscillator characteristics were the same as those in Tables 1 and 2 respectively. The only values that changed were those referring to its dimensions and simulation options, which are shown in Tables 6 and 7 , respectively. The vehicle modeling is shown in Fig 16, and the results are shown in Fig 17 and Table 8 . Vehicle modeling for magnetic loop simulations
Bus
To carry out the analysis of this bus, the loop and oscillator characteristics were the same as those in Tables 1 and 2 , respectively. The only values that changed were those referring to their dimensions and simulation options, which are shown in Tables 9 and 10 , respectively. The vehicle modeling is shown in Fig 18, and the results are shown in Fig 19 and Table 11 .
Statistical analysis
To verify the usefulness and effectiveness of our modeling, a statistical analysis based on the previous information was carried out. For this purpose, the following data were used: Vehicle modeling for magnetic loop simulations
• The magnetic profile measured by SCT-CEM-4 device (this equipment is an improved version of the SCT-IL v2.0 system developed by the Traffic Control Systems Group of the ITACA Institute of the Polytechnic University of Valencia, which is patented with the application number P200401111 and whose details are given in [36] ). Vehicle modeling for magnetic loop simulations
• The simulated magnetic profile when the vehicle is modeled as one single section.
• The simulated magnetic profile when the vehicle is modeled as several sections.
In this way, the maximum deviation as well as the mean and the standard deviation are provided in Table 12 . The first column of each vehicle corresponds to the data calculated from its simulation as a simple metal plate, while the second column, which includes an asterisk � , corresponds to the values calculated by our new modeling method.
Conclusions
Improving the current infrastructure and user mobility and providing services for smart cities is one of the main priorities in Intelligent Transportation Systems (ITS). For this reason, simulations of different road situations related to these new traffic sensors have emerged as a Vehicle modeling for magnetic loop simulations necessity in present-day society. In fact, computer simulations have become essential for modern engineering. Developing and applying simulation techniques has accelerated the understanding of processes, and therefore, explaining, improving or testing any phenomenon is currently much easier. Vehicle modeling for magnetic loop simulations Thus, we have designed a new vehicle modeling for the analysis of the response of detectors based on inductive loops, whose results show that simulations are greatly improved when multiple sections are used. Our study has demonstrated something that could already be observed in Fig 2: the greater the dimensions and complexity of the vehicle, the worse the result obtained when simulating with a single section. Consequently, it is clear that in any of the three situations analyzed, modeling by sections always provides a better result, but it is especially evident in large vehicles such as vans, trucks and buses. This can be seen both visually and numerically.
Therefore, from now on, we recommend using this alternative model based on polyhedral vehicle modeling capable of sectioning vehicles as multiple loops of different dimensions Vehicle modeling for magnetic loop simulations instead of the inefficient vehicle modeling used today. For this purpose, we have analyzed the magnetic characteristics of the new modeling and have offered mathematical expressions that allow us to obtain all the necessary inductance values. Moreover, the indicated expressions have been implemented in a computer program developed by the authors that allows the simulation of any situation. In this way, it has become clear that the proposed vehicle modeling is much closer to the real magnetic profiles than the modeling used to date, and therefore, it will help the development of new features of this reference sensor. This new model could faithfully characterize the Vehicle modeling for magnetic loop simulations magnetic profile of vehicles and thus, be used for different applications such as stolen vehicle location, green wave generation for priority vehicles, cooperative crossing collision prevention system or access control systems [38] [39] [40] [41] . However, future work will focus on finding an algorithm that automatically is capable of optimally sectioning any given vehicle. 
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